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1. Abstract,

It is. gener,ally agreed that the dootrine of consumors® sovereignty
in the determination of soolal welfare reproaenta & walue Judgmant.
Orifinally. this dootrine vag applied by asaumlng tho posaibility of
' oom':arin:_, the in'benaitioa of feeling of different individuals (Larahall.
Edgeworth) through sums.ng their utilities. More recent writers have
dropped this aueumption but still express conaumra' aowereirnty by say-
ing that sooiety at'ba.ohea a preammgned social .tmportanoe to various
individuals. Thia .’uien 13 inmpliocit in muoh of mdern mlfe.re ecconomics
and expliocit in the mrk of Bergson. lange, and Samuelson; it 4s also
implied in the prooess of Voting. The chief result of the préaént
paper is that we camnot aoooniplish i:hiu last ain in general; if the poasi-
bility of intorpergonal comparison of fselings is denied, then there
cannot .ba deviged Wuthodof passing 'froi.x*'m&iﬂdﬂﬁtl to social deaires
which will yield roi-f;i:& 88t of individual desires a oonsistent soolal

mrefeorence scale.

The result oan be au'bod rore preoisoly. as follm: By a. prefarenoe
soals" will be moo.nt an ordering of alternative sooia.l statea vhich is
consistant in the. ams that if one stato is proterrod to another and, tho

latter to a third. thon the first state is preforrod t-o the third. Five

" natural oonditions m 1mpoud on the process or puai.ng fv on individual
-blﬂl



e
~to social state‘s':_"'(i): F'é"r. each set of individual preference scales
(oﬁa. scale for eeoh‘méividugij, there shnll aorreapond & goclal
prefarenoce scale; (2)' 1 one state is preferred to another by sooiet&
when a certain aetl of individual tagtes prevails and if the individual.

| tastes then alter in such & way that the firat' stati_e rises in some
individual preference soales and does not fall in any, vhile the
relative position-iam the scales of all other states remins unchanged,
then the first state is still preferred to the aecond; (3) the choice
made by sooiety from any c,iven set of albernatives depends only on the
prei‘erences of the 1ndividuals in scciety as. hnonc, the alternatives in
that set; (L) gim azv'bm alt_amativaa, there ig ,somo get of indi-

' vidual preference Boéle; sﬁoh that scoiety w'illll prefér .‘bh'e first altore
native to the second {i.e., no choicos are diotghd'hy‘oonvsntion);.
(5) there 1s no individusl such that society autouhﬁﬁoa.lly prefers one

'-altemative to another whenever he does, rewdleu of the desires of
other individuala (1.e., there is no diotator). Thn_n it can be shown
‘that there is no method of passing from individual to aooia]: praference
scales which will satisfy all 1ive conditions,

1t seens to me ﬁ;gt;tl;a-mst reagonable oondition vo weaxen is tne
- one that feqi.t_ires ‘the method to work for:é.lll poellblo ..tndividual prefei- '
ence scales. Inptead; wﬁ 'x_mat consider what individual deaires in repard
to aooial deciglons are likely to bo in view of the uocio—ethionl nornm
o.f.' the partioular oulwrc complex in queation andrnm & loainl mlfsro '
mdex whioh \7111 utiafy tho various oonditions presoribed above only

for such linited ranges of mdiﬂdual preference.
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2. llotation |

X, ¥, 2 Alternative sooial-atatea

xRy x is profarred or indifferent %o y
by soolety

x Py x 1s preferred to y (i.e., xRy and

n0t yRx,} by soolety

xIy x 1s indifferent to y (i.e., X R y
and y R x}, by sooiety.

The subseript i in the letters F, F, or AI means that the relation in
question holds in the preference soale of individual 1.
s A set of al‘bofnat;w sooial states
c(s) The alternative (¢ ) whioh society
ohoosee from 8, 1.0., the set of
elements x. in S such that x R y
for ally in 8. .
The letters R, R by themaelves denote the whole preference scalos of
soolety and of individusl i respectively.
Definitionss: 1. A social welfare funotion 1s e rule which yields a

soolal prelerence Ecale for each poesible set of
individual preference soales. -

2+ A pooial welfare funoction is said to be dlotetorial
© . 18 the yuls is such that for soms Individual I and
evory x and Y, xPy ., whenever x P y, regardless of the

~ ‘tasves of all individuals other than .. ..

3. A sooial welfare function is gaid to ve aconventional
" if for some x and y,x Ry rogardless of in ua
tﬁst” . .



5. Symbolic'Staten:

R
't 'of 'Axicms, Conditions, and Reésults

Zs For all x and'y, either =iy or yix.

" IX. For'sll x, y, end z, if xRy end yRg, then- xRs,

{. end IX ere desumed’ to hold for sach Ry as well as for the soecial
proforeaco soale R, .

Conditiona on:forming e S20icl Prefersnce Seele from Individual’
Freference .Soales, .

1. Fcrp

2.

3.

ca.ch:u.-.w Ry, an R shall be forméd which nhall satisfy
I and II.

Congider 'two alternative sets of individual tastes: the
first sot. of tastes is expressed by the. "indilidual raukings
RjlecssRpy the second set by the rankings Rys.., rln,
Suppose“the: seoond set Rl; has the propertises (a) ~that the

‘relative ranking of sl 1 alternatives excluding o certain
‘altervative ‘x, is the same as under Rj and (b) thet the

position of the alternative x, relative: to every cther.

' alternative is not lower than under R+ Then, if the
_socinl welfare funotion is suoh that, undor the set of
tastes; Rfﬁa.t, presoribes thet x shall be aferred to y,

we roquire that under the sct of tastes , the soeial

j\mlfaro ‘funotion shall also preseribs that x is preferved

1, i,gp;-,:..au {4 8llxs ﬂ@d ¥ in someiset of alternatives,

£and’ only ir y 'Um; the ‘alternative or
rmatives.chosen by soolety. fru:"8 when tastes Ry ..,Ry
provailiare.the seme as those chosen when tastos -1,..., Ruprevail,

Theorem. _ If there are more than two alternatives, the only social welfars

functions satisfying conditions 1-3 are either conventional or dictatorial,

vording’of this condition is dus 9 Fi Modigliani,




